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0. Ñâÿçü ñ ïðåäûäóùèì äîêëàäîì

Ñëàéä 2

Ïëîùàäè êîñûõ êâàäðàòîâ è êîëè÷åñòâî ïðåäñòàâëåíèé
íàòóðàëüíîãî ÷èñëà â âèäå ñóììû äâóõ êâàäðàòîâ.
ÑÌ. ÄÎÑÊÓ



1. Ïèôàãîðîâû òðåóãîëüíèêè

Ñëàéä 3

Ïëèìïòîí 322:

Ðåêîðä: 127092 + 135002 = 185412



2. Êðàòêàÿ èñòîðèÿ

Ñëàéä 4

Â îñíîâíîì ïî [Conrad2006].
Ôèáîíà÷÷è â êíèãå Liber Quadratorum (Êíèãà êâàäðàòîâ), 1225
Ðóêîïèñü ñîõðàíèëàñü â ìèëàíñêîé áèáëèîòåêå. Â íåé, ïîìèìî ïðî÷åãî,

(� + �)(� + �) ⊆ � + � � çà ñòîëåòèÿ äî Ôåðìà, Ýéëåðà, Ãàóññà, ...

äàë îïðåäåëåíèå:
n ∈ Q � congruum, åñëè ∃x ∈ Q

[
x2 ± n ∈ �

]
.

Îò ëàòèíñêîãî congruere (âñòðåòèòüñÿ), òî åñòü òðè êâàäðàòà �âñòðåòèëèñü".

Â [Dickson1952] àíàëèçèðóåòñÿ àðàáñêèé òåêñò (Mohammed Ben
Alhochain, 10-é âåê!), â êîòîðîì íàõîæäåíèå ïëîùàäåé
ïðÿìîóãîëüíûõ òðåóãîëüíèêîâ íàçâàíî îñíîâíîé ïðîáëåìîé.



3. Ãèïîòåòè÷åñêèé îòâåò

Ñëàéä 5

Ýn;B,C : X2 +BY 2 + CZ2 = n

Òåîðåìà [Tunnell1983]. Èç ãèïîòåçû Á¼ð÷à � Ñâèííåðòîíà-Äàéåðà
ñëåäóåò, ÷òî

äëÿ n ∈ 2N+ 1

n êîíãðóýíòíî⇐⇒
[
#Ýn;2,8(Z) = 2#Ýn;2,32(Z)

]
;

äëÿ n ∈ 2N

n êîíãðóýíòíî⇐⇒
[
#Ýn

2 ;4,8(Z) = 2#Ýn
2 ;4,32(Z)

]
.



4*. Ãèïîòåçà Á¼ð÷à�Ñâèííåðòîíà-Äàéåðà

Ñëàéä 6

Ïî [Êîáëèö1988].
Õàññå-Âåéëÿ

Ñòð. 100:

L(E, s) :=
∏

ïðîñòûå p

ζ(s)ζ(s+ 1)

ZE(Fp)(p
−s)

, ãäå

(ñòð. 66: ZE(Fp)(T ) := exp
∑∞

r=1 #E(Fpr)
Tr

r
.)

L ñõîäèòñÿ ïðè Re(s) > 3
2 . Ãèïîòåçà Á-ÑÄ: Îíà àíàëèòè÷åñêè

ïðîäîëæàåòñÿ ëåâåå è

ords=1L = rank
(
E(Q)

)
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