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Pemtenns 3aJa' U3 IIpeAbl IYIIINX BBIITYCKOB

B »>ToM HOMepe MBI TTOMeIIaeM pellleHnsas M3OpaHHBIX 3a1a4, OMyOIMKOBAHHBIX B
TMPeIbIIYIINX BhIMycKax «MaTeMaTHIecKOT O MPOCBENIeHus». B qanabHeneM Ml pac-
CYUTBHIBAEM OMyOJAMKOBATH BCE PEIICHUA.

HManee HOMep 3agaun K.L o3znadaeT, 4TO 3TO L-5 3ajada uz K-ro Boeimycka. B
cKkOOKaX yKaz3aHO, KOMY IpUHAIEKAT TTPUBONMOE PEIEHIE 3a €.

1.3. YcnoBUE. Moxert an cymma dncen Buga asin(kw/n), roe a — pamn-
OHAJBHOE YHCJI0, k, n — nenwle, paBHATHCA v/ 19977

PEmEHNE. OTBeT: <MoXKeT». Bosee Toro, To ke caMoe BepHO [ J1I060T0
qncia v/a, a € Q. /lokaxkxeMm »To yTBep:xkaenue mais /21 + 1, rge [ — nenoe.

Buipaxenne T), () = cos(n arccost) ecTh MHOTOWIeH (MHOTOWIeH JeObIIé-
Ba), CTeleHb KOTOPOTO paBHa n, CTaplinii kodddunnenTt pasen 2”71 a npn
HedeTHOM n = 2[4 1 MHOrO41eH Ye6HIIéRBa HeUeTeH U ero KOX(MPUIAEHT NpH
nepsoit ctemenn pasen (—1)/(2/ + 1). Bce oTn paKTH Jerko mosydaoTcs n3
PEKYPPEHTHOTO COOTHOIIEHNS

Tht1 (t) = 2tT, (t) — Tn_l(t),
POBEPSIEMOTO HENOCpeICTBeHHO u3 onpeenenus T, (t).
(2k+ 1)m

s VS h<L

Muorounen To41(t)/t — deTHBIN 0 nMeeT HYIH + COS

OTcroma caenyeT, 9TO

2020 +1) 2

-1

(2k+1)m V2041
H cos = ,
k=0

I OCTaeTCs MPeJCTaBUTh 3TO MPOU3BejleHNe B Bue TpeGyeMol CyMMBbI, TO/b-
3yACh OOBLIYHBIMU TPUTOHOMETPUYECKNUME (POPMYJTaMu.

[lpnmep: T5(t)/t = 16t* — 20t + 5 = 16(2% — cos? 17r_0) (22 — cos? 3—”)

10
s 3T \/g
TMODTOMY COS m cos 0 = R OTKyJa W Toay4daeM TpebyeMoe TpeacTaBIeHTe
. m . 3w \/g
sin — 4+ sln — = —.
10 10 2

(B. M. Tuzomupos)

MaTemaTuuyeckoe npocseuerue, cep. 3, Bbin. 4, 2000(218—225)
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1.7. YcnoBUE. IlycTh ¢pyHKINA HenpepuiBHO AnddepennupyeMa Ha OT-
peske [0, 1],

o =sm=o. [0 a<t.

Nzo06pasuTe Ha KOOPAUHATHON MIOCKOCTH MHOYXKECTBO TOYEK, 4epe3 KOTOPHIe
MOXKeT MPOXOAUTh rpaduk Gpynknnn y = f(z).

PEmMEHUE. WckoMoe MHOMXKeCTBO ABIfeTCS BHYTPEHHOCTBIO Kpyra y? +
+(z—1/2) < 1/4.

[enicTBuTENBHO, 3adukcupoBaB Touky &, 0 < £ < 1, HalijeM BepXHIOW N
HIKHIOIO TPaH’ TeX 9ncen 1, 1as KoTophix n = f(£), riae f — m3 onncanuoro B
ycaoBun 3aga4n kracca. O6oznadnm i(z) = 1/16;5X[07§]($) - %X[m](m),
rje x4 — XapakTepucTHYecKas (PyHKINA MHOKecTBa A:

_J1, ecimz € A,
X4 =90, ecn 2 ¢ A.

Kak nerxo nousiTsh, pynknns

KyCOJHO-JIuHenHas, paBHa 0 B Toukax 0 n 1 n nmeeT maiom B Touke /&(1 — &).
[Mox6epem dmcna A u i Tak, 9TOOBI PYHKIIHA

Au?

a(z)u+ -

rae a(z) = —X[o.g](éf) + fi, focTuTana CBOEro MUHIMYMa B TOUKe 4(z); A m fi
JerKo BBIYUCAAIOTCS, HO HAM UX 3HaYeHUd He MOHAA0OATCA, BAXKHO JHUIIb, YTO
A > 0. Ucnonws3ays ycJaoBus 3aqadqu, nojydaeM MeMOYKY HEPABEHCTR:

- +3 > / ((—X[o,g](éf) + i) f'(z) + ifléxf) dz >

N | >

orkyaa f(£) < +/&((1 —&) m paBeHCTBO AOCTHTraeTCs JAHUIND Masi (PYHKINH
f(z), xotopas me wenpepwiBHO guddepenunpyema. Uz cummerpnn |f(£)] <

< AWVE((1=&). A ecam || < /&((1 =€), Touky (£,7) MOXKHO TOJYIATH KaK

(& f(§)), rae f — menpepriBHO TN depennnpyema. (B. M. Tuzomupos)
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1.8. YCJIOBUE. a) MoxeT /in ceMeNcTBO MOAMHOXKECTB HATYPATLHOTO Poi-
a OBEITH HECYETHRIM, €CJIH IS JIOOBIX IBYX MTOAMHOKECTB U3 DTOT0 CeMelCTBa
OJTHO CTPOTO COJEPKUTCA B APyrom?

6) ToT ke Bompoc, ecin mepecedenne JMOOLX IBYX MHOKECTB B CeMeNCTBe
KOHEYHO.

PEMEHKME. B o6onx myHKTax oTBeT: «MoxkeT». PaccMoTpuM ceMelicTBa
muoxects M, =, (n?,n*+ |an|) u N, =J, n*+ |an], rae 0 < a < 1. flc-
Ho, 4T0 npn 0 < a < [ mMeeT MecTO cTporoe BkIodenne M, C Mg u, kpome
TOTO, IPH BCeX JOCTATOYHO GOMBIINX 7 YHCAO BUAa n? + |an| ne coBmagaert c
qncaom Buga m? + [ 3m|. [losTomy cemeiicTBo M, CIy:KUT IpUMepoM K TI. a),
a cemeiictBo N, — K 1.6). (A. A. Beaos)

1.10. YcaoBuE. dyukuns, 3aaHHad Ha BCeHl BellleCTBEHHOU MPAMON, 6ec-
KoHevYHO JuddepennnpyeMa. B kaxmon Touke HeKOTOpas Mpom3BoaHas (HO-
Mep TMPOM3BOMHON MOJKET 3aBHCETh OT TOUKH) paBHa Hy. 0. /lokaxkuTe, 91O
5Ta QPYHKINS — MHOTOJEH.

PeEmEeHUE. O603Haunm paccMaTpuBaemyio ¢gyHkinio depes f. /las ka-
JKTOTO MHOTOYJIeHa P MOCTPOUM 3aMKHYThie MHOYKeCTBa

My =A{z| f(z) =p(=)},
M, = M, \ {z | x m3oruposannas Touka M)}

W JOKaykKeM, ITO J1f KaKoTo-To p BeImoaneno M, = R.

[MokaxkeMm, ato M, N M,, = @ upn p; # pe. Kaxx1as Touka MHOXKeCTBa
M, no noctpoennio sBifeTcs mpefenbHoW, a pax Teinopa f B mpegenbHON
Touke o € M, OIHO3HATIHO BOCCTAHABINBAETCA N0 3HAYEHNAM (QYHKINH Ha
M, \ {zo}. leiicTBuTensno, npeamonokum obpatnoe. [lycTs p18 HEKOTOPBIX
nByx ¢yuknui fi, fo € C° ¢ HecoBnagawouuMu B g psjgamu Teitiopa npu
z, — xo (2x # x0, k > 0) Bumoaneno fi(z,) = fo(z,). Torga dpynkuns
g = f1 — f2 obpamaetcs B 0 Ha {z,} (cKOaBb yrogHO 6JIU3KO OT Zg), a €e psI
Tentopa — nenyaesoit. [Ipumensis popmyay Teiaopa 15 mepBOTO HEHYJIEBOT O
yieHa psajga Teitmopa (pyHKIHH ¢, TPUXOTUM K MPOTHBOPEYHIO.

O6osnatum N = R\ U,M,,. D10 oTkpuiToe MuokecTBO. [Jokaxem, ato N
nycTo, mocje 9ero n3 cBa3HocTn R 3aknodnM, 9To poBHO o1HO M), HemycTo
(aTo W TpebGyeTcs [OKA3ATH).

Utak, npegnoroxkumM, 1to N memycto. O6o3naunm wepes () mmoxect-
Bo HyJe# n-i npomsBogunon f. [locTpouMm cmcTeMy BIOMKEHHBIX MHTEPBAJOB
A; uHIYKTHBHO. BriGepem mpousBoibHO uHTepBal Ag C N, a KaXKIbH WH-
TepBal A,4; BHGEpeM B OTKPHTOM HemycToMm MuokecTRe A, \ F'H (ecn
A, ¢ FU"t) 16 f coBnagaeT ¢ MHOrO4IeHOM Ha A,). Hetpyauo BugeTh, 9TO
B To4Kax MN;_,A, Bce mpomsBojguble f oTau4IHel oT 0. [Ipnmim x npoTuBoOpe-

qHIO. (/. 10. Bypazo)
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2.1. YcnoBuE. [/lana Bospactatoutas pyukuns f(z) Takas, ato f(0) > 0,
f(1) < 1. lokaxnTe, 9TO CyIIeCTBYeT Takoe &, 9To f(z) = x n, KpoMme TOTO,
& — TOYKa HENpephIBHOCTH PYHKUHE f.

PEmEHKE. IlycTh TOYKA 29 YAOBAECTBOPAET CACTYIONINM YCAOBUIM:
> CKoab yroHO GJIHU3KO ClIeBa OT &g €CTh Takas TO4Ka z, 9To f(z) > z.
> Ckoab yrogno 6JU3KO clpaBa OT g €CTh Takas TodYka &, 9To f(z) < z.

Torna w3 MOHOTOHHOCTH QYHKUNH f caeayeT paBeHCTBO f(zg) = zg. [o-
KayKeM HeNpepbiBHOCTL f B TOYKe Tg. B CHIy CHMMETpPHH AOCTATOYHO DTO
NPOBEPHUTH [IIsi HENPEPEIBHOCTH CJIEBA.

[TycTh moCe0BaTeALHOCTD &), — To CXOAUTCS CleBa K TOYKe Tg U MyCTh
snadenns f(z,) oramdaiores ot f(zg) = xo He MeHee, YeM Ha € > 0. B oTom
caydae f(z,) < zg — €. [lockoabKy 2, — Zo CleBa, TO B CHIY MOHOTOHHOCTH
f HepaBencTBO f(2) < o — £ BHINOMHAETCS s BCeX & < Zg.

Ho ectm zg — z < € w npm stom f(z) < 29 — €, To f(z) < z. Cueno-
BaTeabHo, f(z) < Z B HEKOTOPOW JIeBOH OKPECTHOCTH TOYKH Zg. Ilomydmmn
NPOTHBOpeYHe ¢ BEIGOPOM TOYKH Zo.

NTak, HeMpepuIBHOCTH f B TOYKe T JOKa3aHa.

OcTaeTcst NOKa3aTh CylIecTBOBaHNe TaKoll TOUKH Zq. [Tockoabky f(0) > 0
n f(1) < 1, To B KavecTBe g MOXKHO B3ATEh sup{z|Vt < z f(t) > t}.

(A.A. Beaos)

2.3. YcnoBuE. Ilycts ag = @, ap41 = a“", ¢ — TPON3BOTBHOE HATYPATb-
HOe 4ucao, 6ogbiiee 1. [lokaxuTe, 9TO MOCTeIOBATEIbHOCTH OCTATKOB OT [le-
JeHUs @, Ha ¢ CTabuim3upyercs (T.e. BCe OCTATKH, HAaYMHAS C HEKOTOPOTO,
PaBHBEI).

PEmWEHUE. Bocnoabssyemcs ciaenyomninm GakTOM: OCTAaTKH OT JeJeHus TH-
cell BUja a HA ¢ MepPHOAUYHBI ¢ mepuojgoM ¢; < ¢. Torma mpum JOCTATOYHO
OOJIBIINX N OCTATOK OT JleJeHHs Yucia 1 Ha ¢ OJHO3HAYHO ONpe/enseT OCTa-
TOK OT JeJeHus 4ncaa a” Ha q.

bymem pemats 3amady uHgyKinei mo ¢. MOXHO CYHTATh, 9TO MPH BCEX
¢’ < ¢ ocTaTKM MOCIeIOBATEILHOCTH ¢y, MO MOJYJII0 ¢’ MpH BCeX AOCTAaTOYHO
6oablnx n cTabunusupyoTes. Ho Torga cTabuan3npyoTes 1 OCTaTKH TOCTe-
TOBATEIBHOCTH @41 = a’® TIpU JeJeHUH Ha ¢. A TOCaeToBATENbHOCTD (41
HOJy9aeTCs U3 MOCJIe[OBATEABHOCTH @, CIBHUTOM. (A.A. Beaos)

2.4. YcaoBUE. Moxno au ancra ot 1 no 2'9°0 packpacnTs B gBa mBe-

Ta Tak, 94TOOHI He CYIIeCTBOBAIO apudMeTndeckux nporpeccuit gaunasr 2000,
COCTABMEHHBIX U3 YHCEJ OJHOTO NBeTa?

PEmMEHKME. OTBeT: nckoMas packpacka CyIIeCTBYeT.

[TokaxkeMm, 9TO OTAMYHA OT HYJAA BEePOATHOCTHL TOTO, YTO B CAy9IalHO
I PaBHOBEPOSATHO BBHIOPAHHON pacKpacke HeT apupMETHIeCKON TPOrpPecCHu
manasr 2000.
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Onennm xonudecTBo nporpeccuin ganabl 2000. Kaxk nas Takas nporpeccus
3aaeTcAd MEePBBIMU JIBYMA TNeHAMU 11 < %, MPHUTeM He BCe TakmWe Maphl 3a-
naroT nporpeccuio. [looToMmy KonmdecTBO mporpeccuit cTpOro MeHbIlle YHCaa
nap — T.e. ancaa 2100021000 _ 1) /9 < 91999,

C Ipyroi CTOPOHEI, BEPOATHOCTH TOTO, YTO JaHHAs NPOTPECCHS pacKpa-
1ena oMAaKoBO, paBHa 2/22000 — 2-1999,

N cymma Takux BeposiTHOCTell mo BceM nporpeccusim menbine 1. Takum
o6pa3oM, NcKoMas packpacka CyIIecTBYeT.

3AMEYAHUE. OT BepoATHOCTEH B TaKOM PACCYKJCHHN JETKO n36aBUTL-

ca. Jlas 5TOro Hy:KHO TOBOPHTH O MOKPBITHAX MOJIXOJANIEM 06pa3oM MOL0-
OPAaHHEIX MHOXKECTB.

P (A.A. Beaos)

2.5. YCJIOBUE. /laHo BHNOYKJIOE TeJo B mpocTpaHcTBe. /[JokaxkumTe, 4TO
MOYKHO OTMeTHTh 4 TOYKH Ha ero MOBEPXHOCTH TakK, 9TOOH KacaTelbHas (T.e.
OTIOpHAS TIOCKOCTH) B KayK/AOH OTMeYeHHON TOUKe GBlIa MapasiiesbHa MIoc-
KOCTH, MPOXO/IAIIEN Yepe3 OCTalbHbIe TPH.

PrmEHUE. Pacnoaoxknwm 4 Touku A, B, C, D B BepiinHaxX TeTpadapa Mak-
CHMalBHOTO 06'beMa, BOIMCAHHOTO B JaHHOe Tejo. Ecin maockocTs, mpoxois-
mas depe3 D n mapamiensras (ABC), cofepXuT BHYTPEHHIO TOYKY Tela,
TO Ha MOBEPXHOCTH TeJa MOKHO HaWTH Touky D', paccTosHme 0T KOTOpoOW
1o mrockoctn (ABC) 6oable pacCcTOSHAS OT TOYKH [) 10 5TOM MIOCKOCTH.
[Mony4ynaum mpoTuBOpedne ¢ MaKCHMaJlbHOCThIO 0ObeMa TeTpadapa ABCD.

OcTanock nokazaTh CYIIeCTBOBaHHE TeTPadjpa MaKCHMAJIbHOTO 06BeMa,
BIWCAHHOTO B JaHHOe Teqo. [Ipexkme Bcero, orpaHuvenkl KOOPAUHATH Bep-
IIMH, a TakyKe OrpaHmYeHbl 0OheMbl BIHCAHHBIX TETPadnpoB (06BeMOM ca-
mMoro Tena). O603HAYNM depe3 v TOYHYIO BEPXHIOI TPaHb TaKNX O6HEMOB.
PaccmoTpum mocieioBaTeqbHOCTH TeTPad[pOB, BINCAHHKIX B HCXOHOE TEJO,
06BeMEI KOTOPHIX cTpeMsATcs K v. KoopanHaTh BeplinH TeTpaspoB 3aJai0T
TOYKy 12-MepHOTO mpocTpaHcTBa. W3BaedeM U3 mocie[oBaTEIBHOCTH TaKHX
TOYeK CXOAATIYIOCS O ITOCaeTOBATETLHOCTE CTAHIaPTHRIM 06pa3oM: paccMo-
TPUM TOAMOCAEIOBATEIBHOCTD, Y KOTOPOH CXOASITCA MepBbie KOOPINHATHI, U3
Hee W3BJIeYeM MOAINOCASIOBATEIBLHOCTH TETPaAdIPOB CO CXOAAIINMACT BTOPHI-
MH KoOopAuHaTamMu u T. 1. [IpegesbHONl TOYKe COOTBETCTBYET TETPadaAp MaK-
CHMalbHOTO 06heMa v, BIUCAHHKIN B JaHHOE TeJo. (A. A. Beaos)

2.6. YCJIOBHE. W3 npousBoabHOU TO4YKH P BHe dJIHINCA TPOBEJEHBI [Ba
KacaTedbHBIX K daanncy Jayda [; u lo. Kpome Toro, ua P npoBefeHbl Jy4n sq
U Sg depe3 QPOKYCH datutmca. [JokaxnTe, 9T0 yroa Mexay [y u sy paBeH yriay
Mex Iy [9 1 Sg.

PrmeHUE. [Iycte PLy, PLy — KacaTeabHBIe K daauncy, Fy, Fy, — ero
doxycwr, Fi, Fy — Toukn, cummeTpudnsie Iy, I oTHOCHTENbHO psSMBIX PLy,
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P

PLy. Torga u3 cBONCTB dJHICa TOAydaeM (CM. puc.):
FIFy=F L+ Ly =F L+ FLy =R Fy.

CrenoBatenbno, Tpeyroabankn PF|{Fy, n PFyF} paBHE MO TpeM CTOpPOHAM
W, 3HAYUT, paBHLl yrawl F{PFy n FyPF}, 9To paBHOCHIBLHO yTBepKJIeHUIO
3aIavm. .,

A (A. 3acaaecrui)

3.1. YcnoBue. A, B, (' — npousBoJbHBEle MATPHUIKl paszmepa 2 X 2. [lo-

kaxnTe ToxkaectBo Xoamna: [[A, B]2,C] = 0. (Yepes [A, B] 4 AB — BA o6o-

3HavYaeTcsd Kobmwymamop) .

PEmEHNE. [lockonsky tr(AB) = tr(BA), crenq kommyTtaTtopa [A, B] =
= AB — BA pagen uyaw. C Ipyroit CTOPOHEI, CJel MaTPHIIEL €CTh CyMMa ee
COBCTBEHHBIX 3HATEHNN, a COOCTBEHHBIX 3HAYEHUN ¥ MATPHIL BTOPOTO TO-
psjaka gaBa. [losToMy coGcTBeHHBIe 3HaYeHus MaTpuibl [A, B] — Hyan win
NPOTHBONONOKHbBIe Yucaa. Ecaum onn paBHBI Hyato, To n MaTpuua [A, B]? = 0.
Ecau onn HenyaeBble MPOTHBONOJIOKHBIE dncia, To MaTpuna [A, B] qnarona-
amsyema u ee kagapat [A, B]? ecTh ckanspras MaTpuia, T.e. MaTpHIa BHa

A2 0
( . Takas maTpnua JexuT B meHTpe (T.e. KOMMYTHPYET CO BCEMHU

0 A
matpunamiu). [losTomy B aare6pe MaTpni BTOPOTO MOpPSIKa BEIMOJHSETCH

toxkgectso [[A, B]?,C] = 0. (A.A. Beaos)

3.2. YcnoBuE. Ilycts |¢;| < 1w nponaBegenne [[(1—¢;) cxoantes. Bepro
JW, 9TO CXOAUTCH PAT Y €;7

PEmMEHUE. OTBeT: He 06a3aTeIbLHO.

[Momoxum €9, = —d,, €opy1 = 0p + -+ + 52 + ..., tae 8, — 0. Torga
(14 e20)(1 + €2n41) = 1, modToMy mponsenenne [[, (1 + £2,) cxomutes un
paBHO eJWHHUIIE.

C npyroi CTOPOHHI,

Z‘gm:Z_5n+5n+"'+55+"'zz1i%5n'

n
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s 3aBepiienust KONCTPYKIAA JOCTATOTHO BHIGpPATh &, Tak, 9TOOK psAL

3" 62 pacxogmics. Hanpnmep, MOKHO MOJOXKATH 8, = n~ /%, Torxa
1
———., ecan k = 2n,
=g k=2n+1
ﬁ ecan k = 2n + 1.
(A.A. Beaos)

3.4. YcnoBuE. a) Ilycts p > 3 — npocToe gncio. [JokaxnTe, 9TO Ha TO-

pUYeCcKOH IIaXMaTHOH JOCKe pazMepa p X p MOKHO PacCTaBUTH p hep3ell Tak,
4TOOBI OHU He OWIW ApPYT Apyra.
6) HazoBem wmazapadaceii purypy, kotopas n3 kietku (0,0) 3a ogun xo1 MO-
KeT momacTh B kKaeTkn (0, k), (£k,0), (k, £k), (£k, £2k), (£2k, £k) (K —
nesioe MOMOKHTeTbHOe Tnci0). OTBeThTe Ha BONPOC MyHKTA &) /s Marapa,K
unpup > 7.

PEWEHNE. 3anymepyeM BepTHKalbHEE PsIbl (KoopanmHaTa X) m ropm-
30HTANbHEE PAAE (KoopamHaTa Y) ¢ MOMOIIBI0 OCTATKOB OT JeJeHust Ha P.
Bymem paccmaTpuBaTh MaXMaTHYIO JTOCKY KaK IMJIOCKOCTH Ha [ Zy.

a) Pacnonoxum depseil B Todkax ¢ koopamHaTtamn (z,2z). Jlerko Bm-
IeTh, 9TO OHH He 6bIT ApYTr jgpyra. Peps3b 6beT BAOMBL JUHUU T = const,
y = const, £z + y = const. [Ipn p > 3 HanpaBJeHHs >TUX JNHUH OTJINTa-
0TCA OT HampaBleHHH TPAMOU y = 2z, a [Be MpSMBIe JuOO0 COBMALAIOT MO
HampaBJeHnio, 1160 mepecekatoTcs B oguon Tovke. (M6o cuctema n3 aByX Jan-
HEMHBIX CPABHEHUU 10 MPOCTOMY MO0 C HENPOMOPHHOHAJbHEIME J€BRIME
H9acTAME nMeeT efuucTBennoe peutenue.) Ecam xe p = 3, 10 2 = —1 B Z),
HalpaBJeHHe MPAMOU i = 2z COBNajgaeT ¢ AuHuel 605 (ep3si 1 pPaCIOJOKUTh
Tpex ¢epsein He yraetcsa. UTak, gaxke Ha TOpUYECKOH TOCKe P X P, Tje p —
MpPOCTOe, MOYXKHO TOCTaBUTh p (rep3ell Tak, 4TOOLI OHU He OWIH IPYT JIPY-
ra. A. K. Tornsiro 3aMeTn Jio60NBITHREH (PaKT: HAa TOPHIECKON ITaXMaTHOR
nocke 15 x 15 Heab3s paccTtaBuTh 15 depseil Tak, 9TOOB OHU He OGWJIH APYT
npyra.

6) Peurenne aHAJOrMYHO, TOABKO MarapajKi CTaBATCS BIOIb MPIMON
y = 3z (xo10M «uIHHHOTO KOHM). [lpnm p = 7 5TO HampaBireHme coBmajaeT
C HampaBieHueM NpaMon z = —2y, n6o —1/2 = 3 B Zz. [Ipn 66abmux p Ha-
mpaBieHne NPsAMOW Yy = 3z He COBHNAaeT C HampaBieHHeM 6Osi MarapaKi
az + by = const, |al,|b] < 2.

AHanoTu49HBIM 06Pa30M MOXKHO MPH BCEX JOCTATOYHO GOJABIIAX P PACIO-
JOXUTH P He ObIOUINX IPYT APyra k-MOHCTPOB Ha TOPHYECKON MOCKe MOpPsIKa
p. MB1 HazbiBaeM k-moncmponm PUTYpy, KOTOpas 6T MO HATPABICHUAM MPS-
MEIX az + by = const, rje |a|, |b] < k. BosuukaeT Bompoc: BepHO Ju DTO s
BCEX MOCTATOTHO GOJBIIAX JOCOK (He TOJBKO MPOCTOTO MOPsIKa)?

(A.A. Beaos)
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3.5. YCIOBUE. /laH NpOU3BOJBHKEIN MHOTOWIEH C KOMILIEKCHRIME KO-
nneaTamu. /JokaKuTe, 9TO KOPHH €ro NPOM3BOTHON JieKaT BHYTPH BHIMYKJIOM
060J0YKH KOpHEll caMOro MHOTO4JeHa.

PEMEHUE. D70 u3BecTHR pesyabTaT [aycca. Cm. Gauss, Opera omnia,
1. 3, c. 112, Gottingen, Ges. d. Wiss., 1886; 1. 8, c. 32, 1900; Mm0oxKHO TakxKe
o6patuThesi Kk kuure [lommal’., Cerel'. 3agaun u Teopembr 3 anammsza. M.:
Hayka, 1978. C. 115, 300; oTTy/fa MBl W MO3aWMCTBOBAJIN CCHLIKY HA OPHUTH-
HaJbHBEIH TekcT [aycca.



